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$A$ compact Hausdorff $X$ uniform algebra, $C(X)$ $X$
$L(H)$ Hilbert $H$ bounded linear operator
$A$ $L(H)$ unital bounded homomorphism $\Phi$ $C(X)$
$L(K)$ unital bounded homomorhism $\tilde{\Phi}$ If
$H$ Hilbert space
\S 1.
$C(X)$ $||\cdot||_{\infty}$ $L(H)$ $||\cdot||$ $\Phi$ :
$Aarrow L(H)$ unital bounded homomorphism $\Phi(1)=I_{H\text{ }}$ linear $\text{ }$ multiplicative
$||\Phi(f)||\leq\gamma||f||_{\infty}$ $I_{H}$ identity operator
$0<\gamma<\infty$ $\tilde{\Phi}$ $\Phi$ bounded dilation $\tilde{\Phi}$ : $C(X)arrow L(K)$
unital bounded homomorphism $\text{ }$
$\Phi(f)=P\tilde{\Phi}(f)|H$ $(f\in A)$
$K\supset H$ Hilbert space $P:Karrow H$ orthogonal
projection .
$M(A)$ $A$ maximal ideal space $[A+\overline{A}]$ $A+\overline{A}$
uniform closure $\dim C(x)/[A+\overline{A}.]=n<\infty$ $A$ hypo-Dirichlet
algebra $n=0$ $A$ Dirichlet algebra
$\Phi(A)$ $L(H)$ commutative subalgebra uniform algebra
$\Phi$
$\text{ _{}H^{2}}$
$A$ abstract Hardy space $M$ $H^{2}$ A-invariant
subspace $H=H^{2}\ominus M$ $f\in A$ $s_{fy=}P(fy)(y\in H)$
$P$ $H^{2}$ $N$ orthogonal projection $\Phi(f)=S_{f}$ $\Phi$ $A$
$L(H)$ unital contractive homomorphism $K=L^{2}\text{ }g\in C(X)$
$M_{g}z=g_{Z}$ $(z\in I\mathrm{f})$ $\tilde{\Phi}(g)=M_{g}$ $\tilde{\Phi}$ $\Phi$ contractive dilation $\vee\supset$
Nevanlina-Pick
(2) $x\in M(A)$ $\Phi(f)=f(x)I_{H}(f\in A)$ $\Phi$ unital
contractive homomorphism
(3) $P$ selfadjoint projection $Q=I-P$ $\Phi(f)=$
$f(x)P+f(y)Q$ $\Phi$ unital bounded homomorphism
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(4) $A$ disc algebra, $B\in L(H)$ \check \supset $||B||\leq 1$ $\Phi(f)=f(B)(f\in A)$
von Neuman unital contractive homomorphism
I. $||\Phi||\leq 1$ contractive dilation $\tilde{\Phi}$ ?
II. $||\Phi||<\infty$ bounded dilation $\tilde{\Phi}$ ?.
bounded dilation $\tilde{\Phi}$ $\Phi$ completely
bounded $S\in L(H)$ $||\tilde{\Phi}||\leq 1\text{ }\tilde{\Phi}arrow$




I $\dim H<\infty$ $\dim H=\infty$
disc algebra Pisier [14](1996 )
I
1o disc algebra Nagy [6](1953 )
2o bidisc algebra Ando [2](1963 )
3o polydisc algebra $(n\geq 3)$ Parrot $[13](1970$
)
4 $\mathrm{Q}$ annulus algebra Agler [1] (1985 )
$\dim C(x)/[A+\overline{A}|=1$
5 $A$ disc algebra $A=\{f\in A;f(0)=f(1)\}$ $A$
Nakazi [$11|$ (1989 ) $\dim C(x)/[A+\overline{A}]=1$
6o Dirichlet algebra Berger, Lebow Foias
1966 Foias-Suciu [5] –
7o uniform algebra $\dim H=1$
$\dim H\geq 4$ 3 $v$ Parrot
8 $\mathrm{O}\dim H=2$ Nakazi-Takahashi [12] (1995 ) – uniform algebra
,.








$\tilde{\Phi}$ : $C(X)arrow L(K)$ unital
contractive homomorphism $\text{ }$
$\Phi(f)=\rho P\tilde{\Phi}(f)|H$ $(f\in A_{\tau})$
$K\supset H$ Hilbert space $P$ : $Karrow H$ orthogonal
projection $\tau\in M(A)$ $A_{\tau}=\{f\in A ; \tau(f)=0\}$
$\tilde{\Phi}$
$\rho$-dilation bounded dilation $\tilde{\Phi}$ $f$




$A$ hypo-Dirichlet algebra Douglas-Paulsen [4] (1986 ) $||\Phi||\leq 1$
bounded dilation $\tilde{\Phi}$ 1
hypo-Dirichlet algebra ([9] ) 2 hypo-Dirichlet algebra





$A$ disc algebra $A=\{f\in A ; f’(0)--0\}$ $||\Phi||\leq 1$
contractive dilation $\tilde{\Phi}$
II :
$A$ disc algebra Pisier [14]
$||\Phi||<\infty$ ( $||\Phi||\leq 1$ )
$1\leq\rho<\infty$
$B^{\rho}= \{f\in A ; |1-f|\leq. \frac{2\rho}{\rho-1}(1-|f|)\}$






$w_{\rho}(\Phi)\leq 1$ $\rho=1$ $\rho$-contractive contractive
$\rho>1$ $\{\Phi ; ||\Phi||\leq 1\}\subset\{\Phi\neq ; w_{\rho}(\Phi)\leq 1\}\subset\{\Phi\neq ; ||\Phi||\leq 2\rho-1\}$
3 2-contraction 1-contraction
Berger [3] $A$ disc algebra
$|\langle\Phi(f)y,$ $y)|\leq||y||^{2}$ $(y\in H)$
disc algebra Nagy-
Foias [7] 4 – Dirichlet algebra
Naimark ([15] )
5 $\dim H\leq 2$ – uniform algebra
$A$ Dirichlet algebra $w_{\rho}(\Phi)\leq 1$ $\rho- \mathrm{d}\mathrm{i}\mathrm{l}\mathrm{a}\mathrm{t}\mathrm{i}_{0}\mathrm{n}\tilde{\Phi}$
$\dim H\leq 2$ -. uniform algebra $A$ $w_{\rho}.(\Phi)\leq 1$
$\rho$.-dilation $\tilde{\Phi}$ :( )
$\dim H=1$ $x\in M(A)$ $\mathrm{k}\mathrm{e}\mathrm{r}\Phi=\{f\in A;f(X)=0\}$
$\dim H=2$ $x,$ $y\in M(A)(x\neq y)$ $\mathrm{k}\mathrm{e}\mathrm{r}\Phi=\{f\in A;f(X)=$
$f(y)=^{\mathrm{o}\}}$ $x\in M(A)$ $x$ bounded point derivation
$\mathrm{k}\mathrm{e}\mathrm{r}\Phi=\{f\in A ; f(x)--\delta(f)=0\}$ $\dim H\leq 2$ disc algebra $A$
$L(H)$ unital bounded homomorphis $\Psi$ $A/\mathrm{k}\mathrm{e}\mathrm{r}\Phi\cong A/\mathrm{k}\mathrm{e}\mathrm{r}\Psi$ (isometrically
isomorphic) 5 $\Psi$ $\rho$-dilation $\Phi$
$\rho$-dilation
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